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Abstract. The present note fixes some problems of computational nature in [D.E. Otera and F.G. Russo,
Permutability degrees of finite groups, Filomat 30 (2016), 2165–2175].

The permutability de1ree of a finite group G is introduced in [2] and defined by

pd(G) =
1

|G| |L(G)|

∑
X∈L(G)

|PG(X)|,

where PG(X) = 〈1 ∈ G | 〈1〉X = X〈1〉〉 is called permutizer of the subgroup X in G andL(G) denotes the lattice
of subgroups of G. Note that [1] also investigates permutizers in addition to the references in [2].

After the publication of [2], we noted some errors which we want to fix here. The main results of [2] are
not directly affected, but we cannot avoid to give more details on some points of our investigations.

(1) Definition of P(G) in [2, Introduction]. Two lines below. Replace the sentence “Note that for any
X ∈ L(P(G)) one has PG(X) = G” by “Note that when X = P(G) one has PG(X) = P(G)”.

(2) The value of pd(D8) in [2, Example 3.2] is wrong. In fact pd(D8) = 1, in agreement with [2, Proposition
6.1] when we show that pd(D2p) = 1 for dihedral groups (of order 2p with p odd). The error of [2,
Example 3.2] is here:

4 = |M1| = |PD8 (H)| = |PD8 (K)| = |PD8 (V)| = |PD8 (U)|,

in fact we must replace this computation with

8 = |PD8 (H)| = |PD8 (K)| = |PD8 (V)| = |PD8 (U)|.

Consequently, P(D8) = D8 and P(D8) , Q(D8). In particular, the final two sentences from “This
example shows ...” until the end of [2, Example 3.2] must be removed. In addition,
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(a) the final sentence of [2, Remark 2.3] must be removed;

(b) the sentence just before [2, Theorem 5.1] must be removed;

(c) the sentences before [2, Theorem 5.2] “Of course, D8 ... P(D8) ' C2 ” must be removed.

(d) the sentences “On the other hand... further Theorem 5.2” before [2, Theorem 5.3] must be
removed.

(3) The lower bound of [2, Theorem 4.1] is correct, while the upper bound of [2, Theorem 4.1] is true only
in special cases (via computational evidence), so it is better to amend it in the following form:

Upper bound in [2, Theorem 4.1]. Let H be a subgroup of a group G. If |PG(X) : PH(X)| ≤ |G : H| for all
X ∈ L(G), then

pd(G) ≤
|G : H|
|G| |L(G)|

∑
X∈L(G)

|PH(X)|.

Proof. We have indeed

|G| |L(G)| pd(G) =
∑

X∈L(G)

|PG(X)| ≤ |G : H|
∑

X∈L(G)

|PH(X)|.

(4) In [2, Theorem 4.3] we use an assumption which is again motivated by evidences of computational
nature. Therefore [2, Theorem 4.3] is better if reformulated in the following way:

New version of [2, Theorem 4.3]. Let G be a noncyclic group and p the smallest prime divisor of |G|. If
PG(X) is a proper subgroup of G for all X ∈ L(G), |P(G)| = p and |L(G)| = m +

pm+1+p−2
p−1 for some m ≥ 0, then

pd(G) ≤
pm+1 + 2p2 + (m − 3)p −m

pm+2 + (m + 1)p2 − (m + 2)p
.

Proof. The same of [2, Theorem 4.3] without the first two sentences.
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